
STOP 



Early Journal Content on JSTOR, Free to Anyone in the World 

This article is one of nearly 500,000 scholarly works digitized and made freely available to everyone in 
the world by JSTOR. 

Known as the Early Journal Content, this set of works include research articles, news, letters, and other 
writings published in more than 200 of the oldest leading académie journals. The works date from the 
mid-seventeenth to the early twentieth centuries. 

We encourage people to read and share the Early Journal Content openly and to tell others that this 
resource exists. People may post this content online or redistribute in any way for non-commercial 
purposes. 

Read more about Early Journal Content at http://about.jstor.org/participate-jstor/individuals/early- 
journal-content . 



JSTOR is a digital library of académie journals, books, and primary source objects. JSTOR helps people 
discover, use, and build upon a wide range of content through a powerful research and teaching 
platform, and préserves this content for future générations. JSTOR is part of ITHAKA, a not-for-profit 
organization that also includes Ithaka S+R and Portico. For more information about JSTOR, please 
contact support@jstor.org. 



Extrait d'une Lettre de M. Hermite 

adressée h un étudiant as l'Université Johns Hophins. 



"... Permettez moi de vous indiquer une remarque qui peut-être vous 
intéressera et que je place dans mes lepons, immédiatement après avoir donné 
la formule de Maclaurin : 

/(*) =/(0) + f /'(0) + â'/ (2, (°) + • • « l.SLsf!Tl— l -^"^ ) + J > 
ou l'on a^ j_ _J_ j* aPf(z)ds - 

" ~~ 2in J z n {z—x)' 
l'intégrale étant prise le long d'un contour qui comprend à son intérieur le point 
dont l'affixe est x. 

"On a donc en désignant par a le périmètre du contour et par X- le facteur de 
M. Darboux, et par £ l'affixe d'un point du contour : 

ka x»f{Ç) 

"Prenez maintenant pour contour une circonférence de rayon r, vous avez : 
a = 2nr, £ = re ie , ce qui permet d'écrire : <r = 27tÇe~ , et par conséquent : 

C B_1 (C — *)' 
"Cela étant supposons que la fonction /(a) soit holomorphe on pourra sans 
altérer J, faire croître indéfiniment le rayon r, et on voit ainsi que lorsque 

fie) 

~Y aura une limite finie pour £ infinie, J est nul, de sorte que sous cette con- 
dition, la fonction holomorphe f(z) est un polynôme entier du degré n — 1 ." 

The proposition of M. Hermite can also be proved in the two following ways : 

In both démonstrations I shall suppose that f(z) does not vanish for z = ; 

which does not lessen the generality of the démonstration, for if/(0)=0, I 

may consider - 'L t > /(a) being différent from zéro, and may apply to 

(2 — a) 

, ■ ■■ ^-1 * ne very same reasoning which I use with regard to ~~ ■ 
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1. Because ^^ is a holomorphic function in ail the plane except at the point 
z = 0, which is a pôle of the (n — l) th order of multiplicity, I construct a function 

<)=f+£+"-4s?i-* u "'[^-0(T)] 

does not become infinité for 3 = 0. 

Now the function T^fj — G f— jl being holomorphic throughout ail the 

plane, and being for z = 00 , equal to a finite value C; then because G (~) = °> 

f(z) 
and ~-j= C, for z = co , the function must be a constant, therefore equal to G '; 

also /(z) = (7a"" 1 + A x z n ~ % + . . . ^4„_ 1 . 

2. The function ^~ x being meromorphic over the whole sphère must be a 

rational fraction, which I shall suppose reduced to its most simple expression 

*-jt> p(z) and q(z) being two intégral polynomials. 

Now it is évident that ^(z) and q{z) are of the same degree, then for z = 8 , 
their ratio is finite, and différent from zéro ; p(z) cannot vanish for z = 0, because 

'^tt admits z = as a pôle of the order n — 1, and it would not hâve been 

q(z) 

reduced to its most simple expression if p(0) were equal to zéro. On considering 

/(z) — 2 n_1 ^Yfor z = 0, it is easy to see that q(z) = z n-1 <£>(z), because /(0) and 
q(z) 

p(0) are différent from zéro. 

But $(z) must be a constant, otherwise /(z) would become infinité for the 
roots of the polynomial <£>(z), hence /(z) = Cp(z); but^>(z) is of the same degree 
as q(z), = Gz n ~ l , therefore p(z) is an intégral polynomial of the degree n — 1. 

Carlo Veneziani. 



